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Lemma 1.5 of [1] is not true, but a slightly weaker version is true and suffices for the applications in the
paper.

A counterexample is provided by letting Y be the constant simplicial set with one point, and letting Z

be some bisimplicial set such that all the face (and degeneracy) maps Z(A, ·) → Z(A′, ·) arising from maps
A′ → A in ∆ are homotopy equivalences, and the map |Z([0], ·)| → |Z| is not a homeomorphism. Taking
ρ ∈ Y ([0]) we see that |Zρ| = |Z([0], ·)| and F−1(ρ) = |Z|, and these two spaces are not homeomorphic,
contrary to the claim in Lemma 1.5.

The problem with the proof in the paper is a cavalier application of the method of proof used in the
lemma on page 90 of [2]; we ignored the degenerate cells in the skeletal filtration of the base space, or more
precisely, the cells in the total space lying over them.

To effect a repair we introduced Segal’s partial geometric realizatoin ||X || of a simplicial space X (see [3,
p. 308]). We modify the conclusion of Lemma 1.5 so that instead of

Then the map |Z|
F
−→ |Y | is a quasifibration, and the fiber over any point in the open simplex

of |Y | corresponding to ρ is homeomorphic to |Zρ|.
it reads

Then the map ||A 7→ |Z(A, ·)| ||
F
−→ |Y | is a quasifibration, and the fiber over any point in

the open simplex of ||Y || corresponding to ρ is homeomorphic to |Zρ|.
The proof then proceeds as sketched originally, with the analogue of the first diagram in Quillen’s proof

being the following map of cocartesian squares of spaces, which results easily from Segal’s description of
||Y ||.

∂∆n × Yn ⊆ ∆n × Yn

∐

ρ∈Yn

∂∆n × |Zρ| ⊆
∐

ρ∈Yn

∆n × |Zρ|

↓ ↓
F
←− ↓ ↓

||Y ||n−1 ⊆ ||Y ||n F−1||Y ||n−1 ⊆ F−1||Y ||n

Here ||Y ||n denotes the part of ||Y || covered by the simplices of dimension at most n.
To apply the weakened Lemma we need Proposition A.1(iv) of [3], which asserts that the identification

map ||X || → |X | is a homotopy equivalence if X is “good”, i.e., that the degeneracy maps in X are closed
cofibrations. Our simplicial spaces are good because geometric realizations of injective maps of simplicial
sets are closed cofibrations. In light of this, we may append the following conclusion to Lemma 1.5.

There is a fibration sequence |Zρ| → |Z| → |Y |.
This suffices for the two applications of Lemma 1.5 to the proof of Theorem B’ on page 581, for there we

may still conclude that
ρ|Y |F → Y |F
↓ ↓

(ρ|Y )L → Y L

is a square for which the map between the homotopy fibers of the vertical maps over any point τ ∈ (ρ|Y )(B)
is a homotopy equivalence, from which it follows that the square is homotopy cartesian.

We no longer need Lemma 1.6 of the paper.
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